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Abstract 

 
(Not for publication; Nyborg wants it for his own reference in order to write a summary chapter 
for the edited volume.] 
 
Three somewhat different views about the higher-stratum structure of cognitive abilities are 
considered: (a) The classic view of Spearman, Thurstone (in his later years), Jensen, Carroll, and 
many others that a general factor of intelligence g exists and can be confirmed, along with a series 
of about 10 broad second-stratum factors, including factors called Gf and Gc defined by 
specifiable types of variables; (b) the view of Gustafsson, Undheim, and some others that a 
general factor of intelligence exists and can be confirmed (along with various second-stratum 
factors), but that it is highly or even perfectly correlated with a second-stratum factor Gf as 
proposed by others, and (c) the view of Horn and some others that there is "no such thing" as a 
general factor of intelligence, because it cannot be properly conceived or experimentally 
demonstrated, but that the factors Gf and Gc exist as second-stratum factors (along with about 8 
others) and can be confirmed. Relevant datasets assembled and studied by McGrew, Werder, and 
Woodcock are analysed by both exploratory and confirmatory factoring methods to investigate the 
statistical hypotheses implied in the three views that have been mentioned.  In response, the 
evidence from reanalyses of these datasets suggests the following conclusions: 
 
(a) Classical hypotheses claiming a general factor g and, orthogonal to it and to each other, 
two or more second-stratum factors, can be confirmed even when the second-stratum factors 
include Gf.  The existence of Gf as a second-stratum factor separate from g is no longer doubtful, 
but there may be problems in validly measuring it. 
(b) The notion (favored by Gustafsson) that there exists a general factor of intelligence g in 
addition to broad second-stratum factors, including a factor Gf with which it is highly or perfectly 
correlated, can be accepted, with the provision that in some datasets, Gf can be clearly 
distinguished from g. 
(c) The notion (favored by Horn) that factor g does not exist cannot be accepted. It ignores the 
fact that with the use of confirmatory analysis techniques in which a general intelligence factor g 
is postulated, such a factor can easily be confirmed, even when Gf and Gc factors independent of 
g can be shown to be present. If suitable test variables are present in the test battery analyzed, 
factor g shows significant loadings on a great variety of mental tests (though not necessarily all 
such tests). 
 
It remains to verify these conclusions by analyses of further datasets. 
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As I proposed in my volume Human Cognitive Abilities (Carroll, 1993), cognitive abilities may 
be assumed to exist at three principal levels or strata: a first, lower-order stratum comprising some 
50 to 60 or more narrow abilities that are linearly independent of each other (that is, possibly 
intercorrelated but with clearly separated vectors in the factorial space); a second stratum 
comprising approximately 8 to 10 or more broad abilities, also linearly independent of each other; 
and a third still higher stratum containing only a single, general intellectual ability commonly 
termed g.  (For consistency with the custom observed in the literature, I use only the lower case 
letter to refer to the supposed factor g occupying the highest level.)  The present chapter is 
concerned with the structure of the two higher levels, that is, with questions about whether there 
actually exist two higher-order levels, and with what factors can be shown to occupy each of these 
levels. 
 
The title of the present volume of essays written in tribute to Arthur Jensen, as well as the title of 
Jensen's most recent masterwork, The G Factor (Jensen, 1998), would appear to guarantee 
definitively that there exists a unitary factor of cognitive ability (or "intelligence") that can be 
termed g.  Indeed, ever since the publication of Charles Spearman's seminal writings on 
intelligence (1904, 1923, 1927) the almost universally accepted assumption among many 
psychologists, educators, and even popular writers has been that there does indeed exist a single 
general factor of intelligence, possibly along with other, more specialized dimensions of ability 
(Eysenck, 1994).  The assertion that a general factor of intelligence exists would be the principal 
statement to make about the higher-stratum structure of cognitive abilities. 
 
At the time of writing Human Cognitive Abilities, I did not think it reasonable to question the 
existence of a general factor because I tended to accord with the widespread acceptance of such a 
factor in the psychometric research community.  Nevertheless, even in the several decades after 
the publication of Spearman's writings about a general factor in 1904 and later, concern (reviewed 
by Burt, 1949a,b) about the genuine existence of such a factor began to appear, particularly in 
England.  However, considerable evidence for a general factor was accumulated in the early years 
of the twentieth century, and Holzinger (1936) and even Thurstone and Thurstone (1941), who 
had endorsed the existence of first-order "primary" factors, published evidence supporting a g 
factor.  In his book on technical considerations in performing multiple factor analyses, Thurstone 
(1947, p. 421) included a chapter on the computation of second-order factors, one of which, he 
thought, might be a general factor similar to that espoused by Spearman. 
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In recent times the most pertinent developments concerning the higher-order structure of cognitive 
abilities have been based on technical advances in factor-analytic methodology, in particular the 
development of confirmatory factor analysis as opposed to the exploratory factor analysis 
techniques formulated earlier by Thurstone (1938, 1947) and many others.  In confirmatory factor 
analysis (Jöreskog & Sörbom, 1989), it has become possible readily to apply statistical 
significance tests to factorial results in order to confer on them a greater degree of scientific 
plausibility.  Using structural equation models involved in confirmatory factor analysis, 
Gustafsson and others (Gustafsson, 1984, 1989, 2001; Gustafsson & Balke, 1993; Gustafsson & 
Undheim, 1996) have consistently found what they interpret as a general factor g, but they also 
have found and confirmed two factors similar to those proposed by Cattell as early as 1941 
(Cattell, 1941) and later studied by Cattell (1971) and Cattell and Horn (1978; see also Horn, 
1965), namely, a Gf (fluid intelligence) factor and a Gc (crystallized intelligence) factor.  
Gustafsson and his colleagues report that their Gf factor tends to be highly or even perfectly 
correlated with g but Cattell and Horn have tended to reject the notion of a general factor at a third 
stratum in the hierarchy of abilities.  Further, Gustafsson and colleagues found and confirmed 
what they call a cultural knowledge factor Gc as previously described by Cattell (1971) and 
Cattell and Horn (1978). Such findings at least raise questions about the interpretation and even 
the existence of a general factor. 
 
In the early writings of Cattell and Horn, there was already an insistence that the type of g factor 
identified by Spearman and many others, including Thurstone, might be suspect and not 
confirmable.  For example, Chapter 5 in Cattell's (1971) treatise on cognitive abilities was an 
extensive attempt to discredit the Spearman g factor, chiefly because, in Cattell's opinion, it could
not be supported within the theory of rotated factors.  Cattell and Horn's rejection of a Spearman-
type g factor has been carried forward to recent articles by Horn (1991, 1998; Horn & Noll, 
1994, 1997), which summarize Horn's current views. 
 
In the present chapter, then, we may consider three somewhat different views about the higher-
order structure of cognitive abilities: 
 
(1) The classic view of Spearman (1927, or particularly in a book published posthumously, 
Spearman & Wynn Jones, 1950), Thurstone and Thurstone (1941), Jensen (1998), and many 
others, that one can accept the existence of a general factor and of a series of nongeneral "broad" 
factors that together contribute variance to a wide variety of mental performances, but not 
necessarily to all of them.  This is the view adopted by the present author (Carroll, 1993) in 
proposing that all human cognitive abilities can be classified as occupying one of three 
hierarchical strata, as mentioned previously.  I call this the "standard multifactorial" view of 
cognitive abilities. 
 
(2) The view of Gustafsson and others (Gustafsson, 1984, 1989, 200l; Gustafsson & Balke, 
1993; Gustafsson & Undheim, 1996) is that a general factor exists but is essentially identical to, 
or highly correlated with, a second-order fluid intelligence factor Gf, but is linearly independent 
of a second-order crystallized intelligence factor Gc and other possible second-order factors.  For 
present purposes, I call this the "limited structural analysis view." 
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(3) The view of Horn and some others (Cattell, 1971, p. 87; Horn, 1998; Horn & Noll, 1994) 
that there is "no such thing" (as Horn likes to phrase it) as a general factor, but that non-zero 
intercorrelations among lower-stratum factors can be explained by accepting the existence of two 
or more second-stratum factors, mainly Gf and Gc.  Because this view denies the existence of a 
third stratum, it may be termed the second-stratum multiplicity view. 
 
In this relatively brief chapter, I assemble and analyze sample data and arguments favoring or 
disfavoring each of these alternative views, eventually to permit drawing conclusions as to which 
of them is most nearly correct in terms of logical reasonableness and closeness of fit to a wide 
range of empirical data.  Some of these data and arguments appeared in previous publications 
(Carroll, 1993, 1995, 1997a,b), which may be consulted for more detailed information.  It is, 
however, my present belief that although currently available evidence tends to favor the standard 
multifactorial view, we still do not have enough objective evidence to permit making any final 
decision on which view merits acceptance over the others. 
 
How decide among these views? 
 
Each of the three views cited above can be expressed as a series of statements that could be put 
to the test by statistical analyses of appropriate datasets either newly designed for the purpose or 
drawn from the literature on human cognitive abilities--datasets containing measurements of a 
large number of people on a suitable variety of tests or other measurements of these abilities. The 
people for whom measurements are obtained should be a respectable sample of some defined 
population--preferably one that could be regarded as representative of an important segment of 
the general population of, say, English-speaking inhabitants of the United States of America or 
of some other country, within some defined age range.  Furthermore, the tests should be reliable 
and valid measurements of the main types of known cognitive abilities at the first stratum--that 
is, tests designed to measure narrow abilities as opposed to broader or more general abilities, 
which show up only in correlations among different types of narrow abilities.  Any dataset 
chosen for analysis should contain a table of the actual or estimated population intercorrelations 
of all the tests used in the dataset.  It is desirable that there be at least three somewhat different 
tests of each narrow ability that the dataset was designed to measure, in order to insure that the 
ability is adequately defined for logical and statistical analysis. 
 
A dataset that would be truly adequate for studying the higher-stratum structure of cognitive 
abilities would probably be too large, in terms of its number of test variables, to include in this 
necessarily brief chapter to illustrate a possible solution to the problem posed. There is a real 
question whether any such dataset yet exists in the literature.  In its place, it may be sufficient, 
for drawing conclusions about the higher-stratum structure of cognitive abilities, to portray the 
application of factorial methods to two relatively small datasets developed and analyzed by 
McGrew, Werder, and Woodcock (1991). It is a dataset that was designed to test factorial 
structure only at a second or higher stratum, as suggested by Carroll (1993, p. 579), in that it has 
sufficient test variables to define several second-stratum factors, as well as the single third-
stratum factor, but not necessarily any first-stratum factors.  Table X-1 shows the 
intercorrelations among the 16 variables used in the first of these datasets, derived from data 
from the administration of the Woodcock-Johnson Psycho-Educational Battery--Revised 
(McGrew, Werder, & Woodcock, 1991, Appendix I, Table I-1) to 2261 persons of both sexes 
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from kindergarten to adult educational levels.  The developers of this battery had the specific 
objective of preparing a series of tests that would reliably and validly measure the more 
important general and special abilities that had been discovered in the past fifty or sixty years of 
research on cognitive abilities. I therefore consider the data shown in Table X-1 to be appropriate 
for analysis in order to draw at least tentative conclusions about the structure of higher-stratum 
cognitive abilities by testing the statistical hypotheses implied by the different views of that 
structure that I have been considering. 
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My intention is to perform what I consider to be appropriate exploratory and/or confirmatory 
analyses of the correlations shown in Table X-1 (and later, the correlations from a related dataset 
shown in Table X-4).  From the results, it should be possible to reach the desired conclusions. 
 
All analyses presented here assume that the factors obtained can be represented as completely 
orthogonal to each other; this is true not only for analyses made by the exploratory Schmid and 
Leiman (1957) technique described below but also for analyses made by the confirmatory 
LISREL 7 factor analysis program (Jöreskog & Sörbom, 1989), which can provide factor 
loadings on orthogonal factors by allowing the user to specify that the matrix of correlations 
among factors at the highest level of analysis is to be an identity matrix (a square matrix 
containing 1's in all diagonal entries, 0's elsewhere; or, in the language of the program, PH=ID).  
This method of representing factors is theoretically sound even though it is impossible to 
compute, from empirical data, error-free and uncorrelated estimates of factor scores on 
orthogonal factors.  It has the advantage that conceptualizing results does not require 
consideration of possible correlations among factors at different levels of analysis.  Also, it is 
mathematically equivalent to other procedures of analysis in that all these procedures seek to 
predict the matrix of empirical correlations found for a dataset.  That matrix can be predicted 
from either orthogonal or oblique factor matrices, but if orthogonal matrices are used, it is not 
necessary to take account of correlations among the factors. 
 
For exploratory factor analysis, Schmid and Leiman (1957) developed a procedure whereby data 
on different orders (or strata) of factors could be represented in a single matrix showing the 
predicted loadings of tests on orthogonal factors at different strata.  Typically, just one factor 
would be found at the highest stratum, and such a factor might be considered to be a "general 
factor" when the tests or variables which had substantial loadings on it were sufficiently diverse, 
and preferably, identical or similar to tests or variables having loadings on general factors in 
other datasets.  I used the exploratory factor analysis Schmid/Leiman procedure, incorporated in 
a factor analysis program I developed (Carroll, 1989), to produce Table X-2, which shows factor 
loadings of the 16 tests on a third-stratum g factor and eight second-stratum factors.  All tests 
have substantial loadings on factor 1, which can be regarded as a general factor because the 16 
tests that have substantial loadings on it are quite diverse in terms of test content and required 
mental operations.  The eight second-stratum factors generally have substantial loadings on only 
two tests each, indicating that they cover restricted types of content and mental operation.  Other 
loadings on these factors approach zero except for a few values that are still strikingly different 
from zero, though not as high as the two values that mainly define a given factor.  From this, it is 
clear that the results support the classical or standard multifactorial view that postulates a general 
factor g at the third stratum and a series of broad abilities at the second stratum. 
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It may help the reader unfamiliar with factor analysis to realize that "cross-multiplying" any two 
rows of the factor-loading table (ordinarily termed a "factor matrix") should yield a fairly good 
estimate of the correlation between the two variables involved.  (Cross-multiplying means 
finding the sum, over the number of entries in each row, of the products of the two values in a 
given column.  Cross-multiplying a row by itself yields the value of the "communality" (h2) or 
amount of common factor variance associated with a given variable.)  The last two rows of the 
table (labeled SMSQ and %CCV) provide information on the relative weight of the factors in 
determining the predicted correlations.  The entries labeled SMSQ are the sums of squared 
values in a given column, indicating the amount of variance contributed by a given factor, and 
the entries labeled %CCV are percents of common factor variance for that factor.  The SMSQ 
values are highest for the factor g and the percent of common covariance is 51.07 for that factor, 
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in contrast to the relatively low values for each of the second-stratum factors.  At the same time, 
sizable loadings of particular tests on second-stratum factors are seen.  For example, note the 
loadings of the Analysis-Synthesis Test and the Concept Formation Test on the so-called Gf, 
Fluid Reasoning factor, .310 and .403, respectively.  In factor analysis, it is often shown that tests 
have loadings on more than one factor, indicating that their scores are to be regarded as functions 
of two or more latent abilities.  Thus, it is not at all surprising to find, in Table X-2, tests with 
substantial loadings on two or more factors.  The "substantial" loadings are printed in bold.  In 
exploratory factor analysis, loadings are customarily computed for all entries in matrices of 
results; many of these, of course, are very close to zero, confirming the "simple structure" 
principle that is one of the bases of exploratory factor analysis.  It is common to find that values 
close to zero are simply not shown in tables of factor-analytic results in the literature, but they 
are, of course, shown in Table X-2. 
 
Literally hundreds of tables of exploratory factor-analytic results based on the classical view of 
factor structure were published in the 20th century from about 1940 to about 1990.  The present 
author (Carroll, 1993) reported re-analyses of about 450 of the datasets that generated these 
tables.  The main advantage of the author's re-analyses was that they were based on a largely 
uniform exploratory methodology that was believed to be the best available at the time these 
analyses were conducted (Carroll, 1995).  The chief disadvantage of this methodology was that it 
suffered from a lack of adequate procedures for establishing the statistical significance of 
findings.  Nevertheless, it is probable that most of the many g factors found in Carroll's analyses 
would be found statistically significant if the corresponding data could be submitted to 
appropriate analyses. 
 
When the correlation matrix shown in Table X-1 was submitted to confirmatory analysis with the 
Jöreskog and Sörbom (1989) LISREL 7 program, the resulting maximum likelihood estimates of 
the factor loadings are shown in Table X-3, the general pattern of which is comparable in many 
ways to that of Table X-2.  The confirmatory analysis procedure requires the researcher to 
specify the general form of the model to be tested (for example, the number of factors to be 
assumed and whether the factors are to be uncorrelated or correlated), and exactly which 
variables are hypothesized to measure each factor (either positively or negatively); the researcher 
is not required to specify a value or even a range of possible values for factor loadings.  The 
actual determination of each specified value is accomplished by iterative computational 
procedures leading to an approximation of the empirically observed correlation matrix as 
predicted from the LISREL estimates. Occasionally the iterations cannot be completed after a 
programmed number of them have taken place, because of improperly selected hypotheses about 
the structure.  For further understanding of the procedure used here, see useful articles by Keith 
(1997) and Gustafsson (2001). 
 
In the present case, the model that was tested assumed (or hypothesized) that the correlations 
could be explained by loadings (weights) on a single third-stratum general factor g plus a series 
of eight second-stratum factors, each of which was to be defined by 2 or 3 tests that previous 
research with these tests suggested would load on a given factor. It was also specified that the 
factors were to be orthogonal to each other.  In the hope of attaining a complete solution for all 
factors, an attempt was made to find values of loadings on at least 3 variables for each of the 
second-stratum factors, but it was found not easily possible to do this for all of these factors, 
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most likely because the battery was in fact not designed to include tests such that there would be 
more than two significant loadings on each second-order factors.  For each factor found not 
easily possible to define in this way, the loadings for each of the two variables known (from 
previous research) to define the factor were set equal to each other (as indicated by asterisks 
placed next to certain values in the table). The principal difference from Table X-2 was that 
information on the statistical significance of the results was provided.  All non-zero loadings 
presented in Table X-3 (i.e., those not shown as "---") were statistically significant at p <= .001, 
and the goodness of fit indices (noted at the end of Table X-3) for the whole model were at levels 
deemed to indicate satisfactory fit. 
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As found with Table X-2, all variables (tests) had very substantial loadings on the third-order g 
factor, leaving only so much room, as it were, for high loadings on second-order factors (because 
the sum of squares of the 2 loadings for a given variable could not exceed 1.000).  Overall, 
however, the second-order loadings conformed to expectations, and the results suggested that the 
hypothesized model for the dataset was valid, confirming the classical view of higher-stratum 
factorial structure. 
 
The results show that there is indeed a factor Gf (Fluid Reasoning) that is significantly separate 
and different from factor g, tending to disconfirm any view that Gf is identical to g.  If provisions 
for factor loadings of g are removed from the hypothesized pattern of factor loadings (leaving 
only 8 orthogonal factors), the goodness of fit of the model deteriorates significantly.  
Specifically, in this case the value of chi-square increases to 7108.02 with 106 degrees of 
freedom, and the Goodness of Fit Index decreases to .601, casting doubt on the validity of any 

view that denies the existence of a factor g.  Because the model without g is nested within the 
model that includes g, the statistical significance of this finding is captured in the change of 
6309.12 in the chi-square value, associated with a change of 16 in the number of degrees of 
freedom, making it clearly significant at p < .0005.  Alternatively, the model tested could be 
specified as PH=ST, meaning that the second-order factors could be estimated as being 
correlated.  In this case, chi-square with 78 degrees of freedom becomes 479.02, with a 
Goodness of Fit Index of .974.  The change in the chi-square value is 319.88 with 12 degrees of 
freedom, clearly significant with a virtually zero probability. With correlated factors, it would be 
possible to assume at least one third-order factor.  But it has already been demonstrated, above, 
that the existence of a third-order general factor in the first-order correlations can be accepted; it 
is unnecessary to perform further calculations unless one is interested in further third-order 
factors. 
 
There is still a problem with Gf, namely, that it appears to be a rather weak, poorly defined 
factor, at least in the dataset examined here.  Note the relatively small factor loadings for the two 
tests indicated as measuring Gf in both Table X-2 and Table X-3, also the relatively low values 
of %CCV for Gf in these tables (3.1% and 2.42%, respectively).  In view of the undoubtedly 
careful and persistent efforts that were made in constructing these tests at the time the battery 
was being developed, the low Gf factor loadings most likely indicate that factor Gf is inherently 
difficult to measure reliably independently of its dependence on g (as indicated by the high g 
loadings for these tests).  This may account for the finding by Gustafsson (1989, 2001; see also 
Gustafsson & Balke, 1993, and Gustafsson & Undheim, 1996) that it is often difficult to 
distinguish Gf from g.   Thus, Gustafsson's views on factor structure may be affected more by 
characteristics of tests than by factor structure as such.  I have been tempted to suggest, on the 
basis of these and similar findings in other studies, that the reality of a Fluid Reasoning factor 
independent of g is at least questionable, and that Horn's (1998) support for a Gf factor can 
possibly be conceived of as support for a g factor (when no other factor interpretable as g is 
present in a given dataset). 
 

Another Dataset 
 
To provide information illustrating the generality of the higher-stratum structure found with the 
analysis of the correlation matrix shown in Table X-1, a correlation matrix from a related dataset 
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is presented in Table X-4 and its confirmatory factor analysis is shown in Table X-5.  The 29-
variable correlation matrix and a confirmatory factor analysis of it were published by McGrew, 
Werder, and Woodcock (1991) in a Technical Manual pertaining to the 1989 version of the 
Woodcock-Johnson Psycho-Educational Battery--Revised.  The confirmatory factor analysis 
presented here was run by the present author from the original correlations (Table X-4) with a 
slightly different model from that employed by McGrew et al., with computations to parallel the 
analysis presented in Table X-2; specifically, there was provision for determining the factor 
loadings of all 29 variables on a general factor g and for computing data on the relative 
importance of the factors. 
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The results in Table X-5 confirm the classical, standard multifactorial model of the higher-
stratum structure even more clearly than the results in Table X-2.  That is, the presence and 
generality of a g factor for all 29 tests is supported, and the existence, separate from g, of nine 
second-stratum factors (including Gf and Gc) is shown, each with from 3 to 8 significant 
loadings on a specific group of tests, which help to define the nature of the factor.  One of these 
factors, labeled "Lang" (Language), was not present in the previous dataset; its presence here 
invites further research on the nature of this factor. 
 
At the same time, the results in Table X-5 tend to disconfirm other views on the higher-stratum 
structure of cognitive abilities. They deny the view that a factor g does not exist, and some doubt 
is cast on the view that emphasizes the importance of a Gf factor, in view of the relatively low 
factor loadings of some tests (numbered 07 and 21) on this factor. Thus, these data tend to 
discredit the limited structural analysis view and the second-stratum multiplicity view. 
 
Discussion 
 
There is need for consideration of certain important features of recent publications--tests, test 
manuals, and writings concerned with the higher-stratum structure of cognitive abilities. 
 
In some of the literature that has been cited, one finds a consistent bias against full 
acknowledgment of the existence of a general factor and its role in commonly used tests of 
cognitive ability.  Consider, for example, the technical manual of the 1989 version of the 
Woodcock-Johnson cognitive test battery--the WJ-R (McGrew, Werder, and Woodcock, 1991), 
from which the correlational data of Tables X-1 and X-4 were taken and further analyzed in the 
present chapter.  Over many of its pages, this manual reveals a studious neglect of the role of any 
kind of general factor in the WJ-R.  Confirmatory factor analyses of correlational data either
are based on orthogonal structures (e.g., Table 6-27, p. 166) or assume oblique structure, with 
correlations between factors presented (e.g., Table 6-28, p. 167), but there is no mention of a 
possible general factor, despite the fact that appropriate analysis would have revealed an 
important role of what I would call a third-order general factor (as shown in Table X-3 of the 
present chapter).  On page 170 is found Figure 6-5, a path diagram, which on page 169 is 
described as providing "a highly restricted and parsimonious representation of the factor 
structure of the WJ-R", but Figure 6-5 contains no representation of a general factor. Only on 
page 171 could one find a statement about the possibility that a hierarchical g factor might 
influence what were (erroneously) called first-order factors, but with a comparison of fit statistics 
said to be obtained with a hierarchical g model versus a "Gf-Gc model" (that did not include g) 
the reader would be left with the impression that the Gf-Gc model was in every way superior to a 
"hierarchical g model."  This impression would have been reinforced by Horn's (1991) essay, 
constituting Chapter 7 of the manual, that reviewed theory on the measurement of intellectual 
capabilities and emphasized the presumed superiority of the Gf-Gc theory.  Thus for some ten 
years before a further revision of the WJ-R became available, users of the WJ-R were left largely 
uninformed of the fact that scores on the subtests in the battery were likely to be heavily 
influenced by a general factor of ability. 
 
Fortunately, this situation changed in 2001 when a new version of the test, its scoring, and its 
technical manual became available (McGrew & Woodcock, 2001), introducing a so-called CHC 
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(Cattell-Horn-Carroll) theory of cognitive abilities that supplemented Horn's Gf-Gc theory with 
essentially a three-stratum theory similar to that proposed by the present writer (Carroll, 1993). 
 
Even though I was to some extent involved in this change (as an occasional consultant to the 
authors and publisher), I am still not quite sure what caused or motivated it.  For a number of 
years, Horn had espoused the so-called Gf-Gc theory  and had written a number of papers that 
included criticisms of a hierarchical g theory (Horn & Noll, 1994, 1997).  For example, as he 
reported: 
 

Carroll (1993) identified a general factor at the third stratum in 33 separate analyses in 
his reanalysis of the data of 461 studies.  These factors are general in the sense that they 
are defined at the highest order in higher-order analyses, and each is defined by non-
chance correlations with many different cognitive tests.  The problem for theory of 
general intelligences is that the factors are not the same from one study to another.  For 
example, in one case (an analysis labeled ARNO0l) the factor is defined by lexical 
knowledge, spatial relations, memory span, general interest, and an unidentified first-
order factor, whereas in another case (analysis DENT0l) the factor is defined by 
reasoning, number, word fluency, short-term memory, and perceptual speed.  The 
different general factors do not meet the requirements for the weakest form of invariance 
(Horn & McArdle, 1992) or satisfy the conditions of the Spearman model.  The general 
factors represent different mixture measures, not one general intelligence (Horn & Noll, 
1997, p. 68). 

 
In response, I will not speak to technical problems relating to invariance or the conditions of the 
Spearman model.  I merely point out that it is not the case that the g factor in the ARNO0l 
analysis was "defined by lexical knowledge, spatial relations.. ," ... as Horn claimed; it was 
defined by whatever was common to a series of tests or factors at a lower stratum.  Nor was the g 
factor in the DENT0l study "defined by reasoning, number, ..."; it was defined by whatever was 
common to a series of factors (or tests) at a lower stratum, namely, loadings on a g factor.  All 
the g factors that I studied and characterized as general factors can be considered to be the same 
if they indeed measure a single factor, which they do, according to the Schmid and Leiman 
(1957) procedure by which, generally, they were computed.  Perhaps this conclusion can be 
better understood if one looks at either Table X-2 or Table X-3 in the present chapter.  In either 
case, one notes that all the tests are shown as measuring a single factor g along with a variety of 
second-order factors.  We can doubtless agree that this factor g is the same for all 16 tests.  Now, 
if we conduct two new analyses (either exploratory or confirmatory) of these data, one of them 
using tests 1-4 and 8-11 (i.e., using tests with high loadings on factors Glr, Gsm, Gs, and Ga) and 
the other using tests 5-7 and 12-16 (i.e., tests with high loadings on factors Gv, Gc, Gf, and Gq), 
both analyses would yield a factor g--the "same" g in each case.  It would be difficult to argue 
that the g factors yielded by the two analyses are different, even though they involve different 
second-order factors.  Horn's comment suggests that he conveniently forgets a fundamental 
principle on which factor analysis is based (a principle of which he is undoubtedly aware)--that 
the nature of a single factor discovered to account for a table of intercorrelations does not 
necessarily relate to special characteristics of the variables involved in the correlation matrix; it 
relates only to characteristics or underlying measurements (latent variables) that are common to 
those variables. I cannot regard Horn's comment as a sound basis for denying the existence of a 
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factor g, yet he succeeded in persuading himself and many others to do exactly this for an 
extended period of years. 
 
I believe I have covered the more important theoretical problems in describing the higher-
stratum structure of cognitive abilities.  Researchers who are concerned with this structure in one 
way or another, like Burns and Nettelbeck (in press), Case, Demetriou, Platsidou, and Kazi 
(2001), Deary (2000), Garlick (in press), Jensen (1998), and Plomin (1999) can be assured that a 
general factor g exists, along with a series of second-order factors that measure broad special 
abilities.  Special facts that should be considered, however, are that more and better tests of 
factor Gf are needed to establish this factor as linearly independent of factor g if indeed this is 
possible, and that factor Gc, as a factor in certain kinds of tests of general knowledge, is also a 
factor that can strongly influence certain tests intended to measure factor g; it is suggested that 
this influence needs to be statistically controlled.  Indeed, it may be recommended that estimates 
of scores on factor g should be based on multiple regression formulas for determining factor 
scores (Gorsuch, 1983) rather than simple weighted sums of scores like those recommended in 
the WJ-III Technical Manual (McGrew & Woodcock, 2001).  Further research is needed on the 
best tests and procedures to use in estimating scores on all higher-stratum factors of cognitive 
ability, and continued psychological and even philosophical examination of the nature of factor g 
is a must. 
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